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$K$ $f\in K$ [X1, $\cdot$ .. , $X_{n}$ ] $K$ –$K$ $f\in\overline{K}$[X1, $X_{2},$ $\cdots,$ $X_{n}$]
$f$
1( )






$f\in K$ [X1, $X_{2},$ $\cdots,$ $X_{n}$ ] $X_{0}$ $K$ [X0, $\cdot$ . . , $X_{n}$ ] $K$ [X0 $\rangle$ . . . , $X_{n}$]
$K[X0, \cdot. . , X_{n}]_{hom}$
$\overline{K}$
$\mathrm{n}$ $V$ (fi, $f_{2},$ $\cdots,$ $f_{r}$ ) $\subseteq$ $f1,$ $f_{2},$ $\cdots,$ $f_{r}\in\overline{K}$ [X0, $\cdot$ . . , Xn]h$\circ$
Sing(f)=V(f, $\overline{\partial}X_{0}\partial[perp],$ $\cdots,$
$\partial$












$f,g,$ $h\in K[X0, \cdot..,X_{n}]_{h}$ $\circ$m’ $f=gh$
$f’=g’h+gh’$
$g=h=0\Rightarrow f’=0$
$f=gh\Rightarrow Sing(f)\supset V$ (g, $h$) $\Rightarrow\dim(Sing(f))\geq\dim$ ( $V($g, $h)$ ) .
1,2 $\dim(Sing(f))\geq(n-1)+(n-1)-n=n-2$ $\circ$
3
$\dim$(Sing $(f)$ ) $<n-2\Rightarrow f$
2
4(main theorem)
$f,$ $g_{1},$ $\cdots,$ $g_{n-2}\in K[X_{0}, \cdots, X_{n}]_{h\mathrm{o}m}$
Sing(f)\cap V(g1, $\cdot$ . . , $g_{n-2}$ ) $=\emptyset$ $f$
1
: $f\in K$ [X1, $\cdot$ . . , $X_{n}$ ] $(n\geq 2)$
:
1. $f$ 1
2. $f_{\text{ }}f$ $n-2$
3.
1



















$f=f_{1}^{2}p+f1f_{2}q+f_{2}^{2}r$(fi, $f_{2}$ ) $f$ $\dim(Sing(f))\geq n-2$
Proof $f’=$ $(2f_{1}’p+f1p’+f_{2}’q+f_{2}q’)f1+(f1q+2f_{2}’r+f_{2}r’)f_{2}$ Sing(f) $\supseteq V$ (fi, $f_{2}$ )








0 1 ( $x$)
1
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FO1 F02 F03 F04 FO F06 F07 F08 F09 F1O F12
’ $\backslash$
$n$ 5 5 5 5 5 - 5 5 5 5
00000333336
$d=\dim(Sig(f))$ 2 $\leq$ $2$ 2 2 2 1 1 $\leq 1$ 1 1 $\leq 0$ -1
$n-d$ 3 $\geq 3$ 3 3 3 4 4 $\geq 4--$ 4 4 $\geq 5$ 6
.
$\mathrm{F}13$ F14 F15 F16 F17 F18 Fl F20 F21 F22 F24
$n$ 5 5 5 10 10 10 10 10 10 10 10
$\wedge^{\backslash ^{\backslash }}$ 6 6 6 0 0 0 5 5 5 11 11
$d=\dim(Sing(f))$ $\leq 0$ $\leq 0$ -1 $\leq 7$ 7 $\leq 7$ $\leq 5$ 4 3 $\leq 20$




$f=\Sigma a:_{1}\cdots i_{\mathrm{n}}X_{1}^{i_{1}}\cdots X_{n}^{i}\cdot\in K$[X1, $X_{2},$ $\cdots,$ $X_{n}$ ], $(a_{i_{1n}}\ldots|.\in K)$
$a_{i_{1}\cdots:_{\mathfrak{n}}}X_{1}^{i_{1}}\cdots\dot{X}n$ . $\mathrm{R}^{n}$ $(i_{1}, \cdots, i_{n})\in \mathbb{Z}^{n}$
$f$ Newton
$P(f)=\mathrm{c}onv\{\{(i_{1}, \cdots , i_{n})|a_{i_{1}\cdots\dot{\iota}_{n}}\neq 0\}\}$
6







$\forall X:\int f$ $P(f)$ $indemnposable\Rightarrow f$
2













$f\in \mathbb{Q}X_{0},$ $\cdots,$ $X$n]hom $f$ $p$ $f$ ?
$f$
10
$f\in \mathbb{Z}$ [$X_{0},$ $\cdots$ , Xn]ho $I\subset \mathbb{Z}$ [$X_{0},$ $\cdots,$ $X$n]
$I=$ ( $f,$ $\frac{\partial f}{\partial X_{0}},$ $\cdots,$ $\frac{\partial f}{\partial X_{n}}$ , g . , $g_{n-2}$ ) $(g:\in \mathbb{Z}[X_{0}, \cdots, X_{n}]_{hom})$
$\sqrt{I}=$ $(m_{0}X0, \cdot.., m_{n}X_{n}),p$ {m0.. $m_{n}$ $f$ mod $p$
Proof $I$ $\mathrm{m}\mathrm{o}\mathrm{d} p$ $\mathrm{F}_{p}$ [X0, $\cdot$ . . , $X_{n}$ ] $J$





$f\in K[$Xo, $\cdot$ .. , $X_{n}]_{hom},I=$ $(_{\overline{\mathrm{a}}^{\partial}\mathrm{x}_{0}}[perp], \cdots, \partial\xi,g_{1}, \cdots,g_{n-2})$ $V(I)=\emptyset$
$deg(h)=deg$ (f) $h\in K$ [$X_{r+1},$ $\cdots,$ $X$n]hom $f+h$




$S$ $f$ $f$ $r$ $g_{1},$ $\cdots,g_{n-(r+1)}\in K[$Xo, $\cdot$ . . , $X_{n}]_{hom}$
$V(S)\cap V$ (g1, $\cdots,$ $g_{n-(r+1)}$ ) $=\emptyset$ $f$ $r$
XIX-5
131
Proof $f=f_{1}\cdots f_{r+1}$ $s\subseteq(f_{1}, \cdots, f_{r+1})$ $\dim(V(S))>n-(r+1)$
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